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REMARK ON A THEOREM OF K. M. SLIPENCUK IN THE THEORY
OF SUMMABILITY OF SERIES

TiBOR SALAT, Bratislava
(Received February 12, 1968)

In the paper [1] K. M. SLIPENCUK proved the following Tauberian theorem:
Let T = (ank) be a regular matrix which fulfils the following condition:
(*) there exist My, M, > O such that for each n = 1, 2, ... we have

ilank"’ ll <M,, f. |ankl <M,.
k=1 k=n+1
If
(1) u, = o(1) (n— ),

[+o]
then from the T-summability of the series ) u, to S the convergence of this series

n=1
follows and Z u, = S.

Let us remark that it is not clear from the print of the paper [1] whether small o
or capital O appears in the condition (1). But it is obvious from the proof of the
theorem that the small o should be in that condition.

In the review of the paper of K. M. Slipenuk in Math. Rev. (cf. [2]) the mentioned
theorem is stated with the condition u, = O(1) instead of u, = o(1). The last formula-
tion of the mentioned theorem is false as it can be easily deduced from the following
result.

Theorem. Let K = Y |b| < +o0, ¥ (—1)*b, = —%"'). Let us put a, =1 for
k=1 k=1
=1,2,..,n and a,,,=b, (s=1,2,3,...) for each n=1,2,. .Thenthe

matrix T = (au) is regular, fulfils the condition (*) and the series Z( )¢ is
T-summable to —1.

1) We can choose b = (—1)** 1 (1/2%* Y (k = 1,2,..)).

54



Proof. Obviously lim a,; = 1 for each fixed k. Further for each n = 1,2, 3, ...
we have ila,,k ~ a,,::jml = |1 = by| + |by — by| + ... £1 + 2K < + 0. There-
fore Tis af:e:gular matrix (cf. [3] p. 83—84).

From the definition of T we get foreach n = 1, 2, ... i law — 1] =0, i |an| =
= E:l’b"' < + 00, so T fulfils the condition (*). = o

Further for each even n we have

DMs

g, =

ank(—l)k = (—anl + au2) + ...+ (—ann—-l + ann) -
k

—b1+b2_b3+...=—i‘,

1
while for the odd n’s we have
G’,, = Zank(_l)k = (_anl + anz) + eee + (—a"”_z + ann—l) —_—
k=1
_ann+b1_b2+b3—-..= —1-}—%: —%—

Then o, = —% (n = 1,2,...) so that the series ) (—1)* is T-summable to —4.
k=1 :
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